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T
he solar spectrum extends over a
broad range of energies, and in most
photovoltaic materials, high-energy

excitations rapidly relax to the lowest ex-
cited state at the red end of the spectrum by
interaction with phonons.1 Thus, significant
amounts of solar power are lost to heat,
limiting the maximum thermodynamic effi-
ciency of a standard photovoltaic device to
32%.2 Recent time-resolved experiments
showed ultrafast electron�phonon relaxa-
tion even in nanoscale crystals, similar to
that observed in bulk.3�8 The general expec-
tation that quantum confinement would
limit energy losses due to an increased
mismatch between the electronic energy
gaps and phonon frequencies held at low
energies and in perfectly designed quantum
dots (QDs).9 The experimental work has
advanced considerably over the past de-
cade,8 and sophisticated theoretical studies
have shown that the photoinduced dy-
namics in semiconductor QDs involve a
complex interplay of many processes.10

High-energy electrons can be efficiently
extracted from QDs before cooling, pro-
vided that they are strongly coupled to a
semiconductor substrate, such as TiO2

11,12

or ITO.13Asanalternative tohotelectronextrac-
tion, multiple exciton generation (MEG) pro-
vides another route to increased solar cell
efficiencies.14�17 One of the most remarkable
features of semiconductor QDs18�36 and
other nanoscale materials37�41 is that MEG
allows creation of multiple charge carriers
upon absorption of a single quantum of
light. Multiple electron�hole pairs are pro-
duced when a highly excited charge carrier
relaxes to the band edge while exciting
another electron across the band gap. Semi-
conductor QDs promise higher photovoltaic
efficiencies because quantum confinement

can lead to efficient MEG. MEG yields are
higher in QDs than in bulk14,16,42 because

the momentum conservation requirement is

lifted in QDs, and the Coulomb interaction

between electrons andholes is enhanceddue

to closer proximity of the charge carriers.

Multiple exciton recombination (MER) is the

inverse ofMEG.24,35,43�48 In combinationwith

electron�phonon relaxation, it accelerates

energy losses to heat by annihilating MEs

to SEs of higher energy that is dissipated

by phonons. The MEG and MER processes
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ABSTRACT Multiple exciton generation

and recombination (MEG and MER) dynamics

in semiconductor quantum dots (QDs) are

simulated using ab initio time-dependent den-

sity functional theory in combination with

nonadiabatic molecular dynamics. The approach differs from other MEG and MER theories

because it provides atomistic description, employs time-domain representation, allows for

various dynamical regimes, and includes electron�phonon interactions. MEG rapidly

accelerates with energy, reflecting strong energy dependence of double exciton (DE) density

of states. At early times, MEG is Gaussian rather than exponential. Exponential dynamics,

assumed in rate theories, starts at a later time and becomes more important in larger QDs.

Phonon-assisted MEG is observed at energies below the purely electronic threshold,

particularly in the presence of high-frequency ligand vibrations. Coupling to phonons is

essential for MER since higher-energy DEs must relax to recombine into single excitons (SEs),

and SEs formed during MERs must lose some of their energy to avoid recreating DEs. MER

simulated starting from a DE is significantly slower than MER involving an optical excitation of

a SE, followed by MEG and then MER. The latter time scale agrees with experiment,

emphasizing the importance of quantum-mechanical superpositions of many DEs for efficient

MER. The detailed description of the interplay between MEG and MER coupled to phonons

provides important insights into the excited state dynamics of semiconductor QDs and

nanoscale materials in general.

KEYWORDS: multiple exciton generation . multiple exciton recombination .
Auger/inverse Auger processes . quantum dots . electron�phonon coupling .
solar energy conversion
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govern exciton dynamics in semiconductor QDs. Un-
derstanding and controlling MEG and MER is essential
for utilization of the excess photon energy and reduc-
tion of energy losses to heat. Presently, conflicting
reports have been published on MEG efficiencies, and
the dynamics andmechanisms of MEG andMER are still
poorly understood and remain controversial.42,49�55

Many theoretical studies provide systematic analysis
of MEG and MER as a function of QD size, energy, and
semiconductor type.20,22�25,28,30�32,35 Such systematic
investigations become largely possible by employing
theoretical models that use phenomenological de-
scriptions of QD electronic structure, apply in the
perturbative weak-coupling limit, assume exponential
decay, exclude phonon dynamics, and describe MEG
and MER independently. A complete picture should
include simultaneouslyMEG andMERdynamics, phonon-
assisted MEG and MER, and electron�phonon relaxa-
tion. Various dynamical regimes should be allowed.
Additionally, an atomistic description is needed to study
the role of ligands, dopants, unsaturated chemical
bonds, and other realistic aspects of QDs, which are
not perfect geometric and chemical objects, and often
contain many defects. Recently, we developed such
time-domain atomistic description.24 Our method com-
bines ab initio time-dependent density functional theory
(TDDFT) with nonadiabaticmolecular dynamics (NAMD).
The simulation gives a novel and comprehensive per-
spective on the scattering dynamics of excited charge
carriers in nanoscale materials and provides important
insights into themechanismsof solar energyharvesting.

RESULTS AND DISCUSSION

The study focuses on Si and CdSe QDs (Figure 1).
CdSe is one of the most popular and well-studied

semiconductor QD materials.4,5,20,27,31,51 Si QDs de-
serve particular attention since much of the present
photovoltaic industry is already based in Si. Further, Si
does not raise toxicity issues that can become a major
concern with other materials. Recently, Si QDs demon-
strated the potential to make solar devices with higher
efficiencies within the developed technologies.18 In
order for Si QDs to become a viable option in solar
devices, a theoretical understanding of MEG and MER
in Si QDs is necessary. The current work investigates
the MEG and MER dynamics in Si QDs of different size
and surface passivation and compares the Si results
with those for CdSe.

Geometric and Electronic Structure of QDs. Figure 1 shows
the QDs used in the current study. The clusters are
composed of “magic” numbers of atoms56,57 and are
roughly spherical. The smaller QDs, Si10 and Cd6Se6, are
close in size and contain similar numbers of atoms.
Their surfaces remain bare. As a result, the atoms of Si10
and Cd6Se6 are missing some of the bonds that would
be present in the corresponding bulk materials. These
“dangling” bonds are “healed” by cluster reconstruc-
tion, which does preserve the topology of the corre-
sponding bulk structure. Dangling bond healing
creates a substantial energy gap, Eg, between the
lowest unoccupied molecular orbital (LUMO) and the
highest occupied molecular orbital (HOMO). However,
the gaps are not as large as one may predict using, for
instance, the effectivemass theory.21 The larger cluster,
Si29H24, contains an additional layer of Si atoms relative
to Si10. The surface of the larger cluster is passivated by
hydrogens, representingQD ligands that are present in
QDs obtained by solution chemistry. The ligands do a
better job eliminating dangling bonds than surface
reconstruction alone. As a result, the HOMO�LUMO

Figure 1. QDs used in our simulations, (A) Si10, (B) Cd6Se6, and (C) Si29H24. Shown from left to right are structures optimized at
0 K, typical structures from a dynamics trajectory at the ambient temperature, and charge densities of the HOMO and LUMO
states.
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energy gap of the larger Si cluster is very close to that
for the smaller Si and CdSe clusters, even though a
particle-in-a-sphere type description predicts the gap
to be inversely proportional to the QD diameter.36,46�48

This particular choice of the systems allows us to study
the MEG and MER processes within the same energy
range for the three clusters of different size andmaterial
and emphasizes the importance of the atomistic aspects
of QD structure and the role of the ligands.

The left column of Figure 1 shows the QDs fully
optimized at 0 K. The structures in the midleft column
are snapshots from the dynamics simulation at ambi-
ent temperature. Thermal fluctuations of atoms induce
significant distortions in the QD geometry. The two
smaller clusters change their shapesmore notably than
the largest QD, and Cd6Se6 experiences a larger recon-
struction than Si10. However, all QDs preserve the bulk
topology at room temperature: the bond lengths
fluctuate significantly, but the bonds do not break,
and the key elements of the QD electronic structure
remain intact. For instance, the HOMO�LUMO energy
gap fluctuates only within a few percent during the
trajectory, and no defect states appear within the gap.

The panels in the midright and right columns of
Figure 1 display the HOMO and LUMO charge densi-
ties. The orbitals appear notably more localized on the
atoms in the smaller clusters, compared to the Si29H29

QD, where the HOMO and LUMO are delocalized

over the whole core region. The bonding pattern is
more homogeneous in the larger system, allowing for a
uniform spread of the hole and electron densities. The
hydrogen ligands passivating the Si29H29 surface con-
tribute somewhat to the orbital densities, with the
LUMO delocalized onto the hydrogens more substan-
tially than the HOMO. Note the smaller number of
white spheres seen in the LUMO picture relative to
the HOMO.

The single exciton (SE) and double exciton (DE)
density of states (DOS) of the three QDs are shown in
Figure 2. The underlying atomic structure, thermal
fluctuations, and Coulomb interactions break elec-
tronic state degeneracies that appear in a particle-in-
a-sphere type model. A complicated multilevel band
structure is therefore created, resulting in continuous
DOS even in the very small QDs. The lowest-energy SEs
appear at similar energies in the three clusters: 2.0, 2.0,
and 2.1 eV for Si10, Cd6Se6, and Si29H24, respectively.
The DOS is notably larger in Si29H24 than in the smaller
QDs; compare the y-scales of the different panels in
Figure 2. The DE DOS starts at a higher energy than the
SE DOS. At the same time, it rises much more steeply.
Because the combinatorial number of DEs grows sig-
nificantly faster with energy than the number of SEs,
the DE DOS completely dominates over the SE DOS at
higher energies. The threshold energy at which the DE
DOS becomes greater than the SE DOS occurs at about
2.4�2.8Eg. The threshold is slightly lower in the smaller
clusters, where the SE DOS exhibits dips in the relevant
energy region. The difference between the DOS of the
small and large QDs is greater for DEs than for SEs. At
high energies, the ratio of the DE DOS to the SE DOS is
largest for Si29H24. The analysis of the SE and DE DOS
immediately suggests that the excited state popula-
tion will shift to DEs at high energies and to SEs at low
energies, provided that SEs and DEs are coupled.

Multiple Exciton Generation. Figure 3 describes the
MEG dynamics starting from an initially excited SE
state, which has the displayed energy. The initial state
couples to other SE and DE states. The decay of the
total population of all SEs, shown in Figure 3, is a result
of MEG. Our simulation includes SEs, DEs, and the
ground state. The ground state population remains
negligible throughout the simulation, in agreement
with experiments,58�61 which show that the nonradia-
tive relaxation to the ground electronic state takes
place on a nanosecond time scale. The nonradiative
relaxation to the ground electronic state quenches
fluorescence in semiconductor QDs.

The MEG dynamics is strongly influenced by the
energy of the initial excitation. The energy depen-
dence of the MEG rate arises mainly from the rapid
growth of the DE DOS with energy (Figure 2). As a
result, more highly excited SEs are able to couple to a
significantly larger number of DEs. The MEG dynamics
is faster in Si10 than in Cd6Se6, as indicated by lines

Figure 2. SE and DE DOS of (A) Si10, (B) Cd6Se6, and (C)
Si29H24. The lowest-energy SEs are at (A) 2.0 eV, (B) 2.0 eV,
and (C) 2.1 eV. TheDEDOS starts at higher energies than the
SE DOS. The former exceeds the latter at 2.5�2.8 times the
lowest SE energy. The DOS is much higher in Si29H24 than in
the smaller QDs, and the DE/SE DOS ratio increases most
rapidly.
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A and B in the upper panel of Figure 3. This is because the
ratioof theDEDOSover theSEDOS is larger in Si10 than in
Cd6Se6. As shown for Si29H24 in the lower panel of
Figure 3, theMEG rate increases significantlywith energy.
SE states of higher energies are in resonancewith amuch
higher density of DE states. The strong energy depen-
dence of the MEG rate seen in our calculations is in
agreement with the earlier theories.20,22�25,28,30�32,35,37

The current simulation of the MEG dynamics differs
from the earlier studies in two very important aspects.
First, our study explicitly includes electron�phonon
coupling (see the Simulation Methods section) and, as
a result, allows for phonon-assisted Auger processes. In
particular, the simulations show phonon-assisted MEG
starting at energies lower than 2Eg, as illustrated by the
top line in the lower panel of Figure 3. Notably slower
thanMEG at energies above 2Eg, phonon-assistedMEG
becomes possible at energies below 2Eg largely due to
the high-frequency Si�H phonons in the Si29H24 QD.
A single quantum of the Si�H phonon is on the order
of 0.25 eV. The electronic degrees of freedom can
borrow this amount of energy from phonons and
produce MEG below the purely electronic threshold.

The second major difference of the current simula-
tion from the earlier theories resides in the explicit
time-domain representation of MEG. Most other the-
ories compute MEG rates,20,23,28,30�32,34,37,53 thereby
assuming that MEG is an exponential process. In gen-
eral, quantum dynamics starts as a Gaussian process,
and only later becomes exponential. The Gaussian
component of quantum dynamics is the source of
the quantum Zeno effect,62,63 in which frequent

measurements of the quantum subsystem completely
stop its evolution. Such measurements can be per-
formed by an outside observer or, effectively, by the
environment, such as the phonon modes of the QD
itself, ligands, solvent, etc. The transition from the
Gaussian to the exponential regime occurs when the
number of quantum states accessible to system's
dynamics becomes large. Further, rate expressions,
such as Fermi's golden rule, are derived in the weak-
coupling perturbative limit, while our calculation is
nonperturbative. In the presence of strong electron�
hole coupling caused by quantum confinement,
perturbative treatments could become invalid, espe-
cially in small QDs, in which the confinement effect is
strongest.

The MEG dynamics in the smaller QDs can be well
fitted by the Gaussian functions (see top panel of
Figure 3). This result emphasizes the fact that the
density of DE states coupled to the SE states is relatively
small in Si10 and Cd6Se6, and that a rate description,
such as Fermi's golden rule, is not applicable. The MEG
data in the large QD can be fitted by a combination of
Gaussian and exponential functions. The transition
from the Gaussian to the exponential behavior hap-
pens relatively early in the Si29H24 QD, after about 2 ps.
The amplitude of the Gaussian decay grows with
energy. Since only about 10% of the overall decay
amplitude is Gaussian, the rate description of MEG
implicitly assuming exponential decay should be valid
for intermediate and large QDs with high DOS.

Figure 4 shows the evolution of the population of
the initially excited SE states. The lifetime of the initially
excited SE states is much shorter than the MEG time
(Figure 3). This fact demonstrates that, at the early
stage, the excited SEs diffuse into other SEs rather than
into DEs. Thus, at very short times, the SE evolution is
determinedmainly by the SE DOS. The initial SEs of Si10
and Cd6Se6 have similar lifetimes on the order of 1�3 ps
(Figure 3A,B). Note that theMEG times for theseQDs are
on the order of 15�40 ps (Figure 3). Recurrences and
partial repopulation of the initial SE states is seen in the
smaller dots at times as long as 10�15 ps. The popula-
tion of the initial SEs decays within 1 ps in the larger
Si29H24 QD (Figure 4C). The decay is faster than in the
smaller crystals due to higher SE and DE DOS. The
lowest-energy SE, 1.8Eg, survives longer than the SEs of
higher energy because of the lower SE DOS at this
energy (Figure 2).

It should be noted that the simulated inverse Auger
process, also known as impact ionization,23,33 consti-
tutes one of the three proposedMEGmechanisms. The
other two are the direct34 and dephasing21 mecha-
nisms. The direct process suggests that MEs are gener-
ated immediately upon absorption of light. In order to
study this mechanism, the QD�light interaction should
be considered explicitly. The dephasing mechanism
suggests that a coherent superposition between SE

Figure 3. Decay of the total population of all SEs starting
from the initially excited SE with the displayed energy. The
decay is due to MEG. The decay is Gaussian in the two
smaller dots; it is faster in Si10 than in Cd6Se6. The MEG
dynamics in Si29H24 exhibits a transition from the Gaussian
to the exponential regime. Slow phonon-assisted MEG is
observed at energies below 2Eg in Si29H24, which possesses
high-frequency hydrogen phonons. The Gaussian and ex-
ponential time scales, τg and τe, are displayed.
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and ME states is created by either light or Coulomb
interaction, and that the superposition dephases pri-
marily via MEs since MEs couple to phonons more
strongly than SEs. Previously, we have studied the two
alternative mechanisms independently.22,25,64,65 In order
to investigate the interplay among these three MEG
mechanisms, we are extending our current model to
include matter�light interaction22,25 and to treat more
accurately the phonon-induced electron relaxation4,66

and pure-dephasing64,65 processes.

Multiple Exciton Recombination. The MER process is the
inverse of MEG.24,35,44�48 During MER, the two SEs
forming a DE recombine, creating a high-energy SE.
The current work reports two types of MER simulations.
This subsection considers MER starting from a single
DE state, in accord with the earlier theories.20,67,68 Two
subsections below we discuss MER that follows MEG,
which agrees better with the experimental mea-
surements.36,46�48 DEs are optically inactive at the
single-particle level of description. Therefore, they
are produced in optical experiments by creating SEs
that undergo MEG. Alternatively, DEs can be gener-
ated by two independent single-photon transitions.
Requiring high light intensity, the latter process
masks MEG, and hence, efforts are made to elim-
inate it in the MEG/MER studies. Regardless of the
experimental procedure, it is virtually impossible to

create just one DE state, due to a very high DE DOS
(Figure 2). Therefore, initial conditions involving
superpositions of DEs are more realistic than a single
initial DE.

Figure 5 illustrates the MER dynamics starting from
a DE state of the shown energy. The figure plots the
total population of all SE states as a function of time
and considers initial DE states that are both close to 2Eg
and higher in energy. Our simulation demonstrates
that MER is possible only starting from low-energy DEs.
Thus, higher-energy DEs need to lose some of their
energy to phonons before they can annihilate and
form SEs. Since our simulation takes into account both
MEG and MER, the overall dynamics is determined by
the relative values of the SE and DE DOS at a given
energy. SEs can generate DEs at higher energies,
while DEs can effectively annihilate to form SEs at
lower energies. This is in harmony with the earlier
reports,23,28 which suggest that MER proceeds through
lower-energy DEs. Phonon modes play a particularly
important role inMER dynamics sinceMER is intimately
coupled to electron�phonon relaxation. Not onlymust
higher-energy DEs relax by coupling to phonons in
order to achieve efficient MER, but also SEs formed
during MERs lose their energy to phonons and, there-
fore, cannot recreate DEs due to energy conservation.

Extrapolation of the short time results shown in
Figure 5 gives MER time on the order of tens to hundreds

Figure 5. Growth of the total population of all SE states
starting fromaDE state of the energy indicated in thefigure.
The growth is due to MER. MER becomes efficient only at
energies near 2Eg. The MER dynamics is faster in Si10 than in
Cd6Se6. Si29H24 shows the slowest MER.

Figure 4. Population decay of the initially excited SE states.
The decay is faster in larger dots and at higher energies.
Note that the initial SE state decay is much faster than the
decay of the total population of all SE states (Figure 3).
Hence, the initial SE state transfers its population not only to
DEs, resulting in MEG, but also to other SEs.
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of picoseconds, in agreement with the earlier calcula-
tions.20,67,68 Among the three QDs considered here, the
MER dynamics is slowest in the largest Si29H24 cluster. This
is in accordance with the experimental results.46�48,55

Both the SE to DE DOS ratio and the electron�hole
Coulomb interaction strength decrease with increasing
cluster size, slowing down the MER process.

The evolution of the population of the initially
excited DE states in shown in Figure 6. Just as with
MEG (Figures 3 and 4), the evolution of the initial state
population differs notably from the rate of the overall
process. In the current case, as the energy increases,
MER slows down (Figure 5), while the decay of the
initial DE state population speeds up (Figure 6). At high
energies, the initial DE transitions to other DEs rather
than into SEs. In contrast, at low energies, the decrease
of the population of the initial DE state (red line in
Figure 6) is closely linked to the growth of the total
population of all SEs (red line in Figure 5). This analysis
supports the conclusion that lower-energy DEs consti-
tute the main gateway to SEs via MER.

Phonon Modes. In contrast tomany othermodels, the
current simulation explicitly includes phonon dy-
namics and electron�phonon coupling. In particular,
it allows for phonon-assisted Auger processes. The
electron�phonon coupling is equivalent in the current
simulation to the NA coupling (eq 4), which arises due
to dependence of the electronic eigenstates onnuclear

coordinates. Fourier transforms of the fluctuations in
the energy gaps between SE and DE states along
the nuclear trajectory identify the frequencies of the
phonons that couple to the Auger dynamics. The data
are presented in Figure 7. The simulation shows that
modes with frequencies above 100 cm�1 couple more
strongly to theelectronsandholes than the low-frequency
modes. This is reasonable since the NA electron�phonon
coupling (eq 4) is proportional to the nuclear velocity, and
at a fixed temperature or energy, higher-frequencymodes
have larger velocities than lower-frequencymodes. More-
over, by energy conservation, higher-energy phonons
couple to a broader range of electronic states via the
phonon-assisted Auger mechanism. The Si10 phonons are
higher in frequency than theCd6Se6phonons (Figure 7A,B),
contributing to the faster MEG and MER dynamics in
the Si10 QD (Figures 3 and 5, respectively).

The role of high-frequency modes is emphasized in
the presence of ligands because most ligands are
composed of atoms that are much lighter than the
atoms forming the QD core. Hydrogens passivating
the Si29H24 QD surface introduce additional, high-
frequency modes extending to 2000 cm�1 (Figure 7C).
The stretching and bending motions involving hydro-
gens contribute to phonon-assisted Auger processes
and are particularly important for MEG at energies
below 2Eg (Figure 3). The ligand contribution to the
QD electronic states and electron�phonon coupling
decrease with increasing QD size, resulting in a

Figure 6. Population decay of the initially excited DE states.
The decay is faster at higher energies. Note that at high
energies the decay of the population of the initially exited
DE states is not due toMER (Figure 5), but rather is a result of
population transfer from the initial DE to other DEs.

Figure 7. Phonon modes that couple the SE and DE state
pairs indicated in the figure. The frequencies of the main
peaks are higher in Si10 than in Cd6Se6, due to a smallermass
of the Si atom. Si29H24 exhibits a broad phonon spectrum.
The frequencies above 1000 cm�1 are due to Si�Hmotions.
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reduced surface-to-volume ratio. The ligand contribu-
tion depends on the alignment of the ligand electronic
energy levels with those of the QD core. Typically, the
HOMO�LUMO gaps are larger in ligands than in the
core. Therefore, ligands start contributing to the elec-
tronic and vibrational properties of semiconducting
QDs at energies that are larger than the QD core band
gap. By changing the chemistry of the ligands, one can
fine-tune the phononmodes and energy ranges where
ligands contribute to the Auger dynamics.

Interplay between Multiple Exciton Generation and Recom-
bination Dynamics. Our simulation includes simultaneously
a variety of processes, allowing us to study the interplay
betweenMEGandMERand toprovideadditionaldetails of
the combined MEG/MER dynamics. In particular, we de-
monstrate thatMER followingMEGoccurs faster thanMER
starting from a single DE state because a superposition of
multiple DEs present after MEG can couple to larger num-
ber of SEs. This result is particularly important since it
brings theory20,67,68 in agreementwith experiment.36,46�48

MEG converts one high-energy SE into two lower-
energy SEs that form aDE. The evolution of DEs formed
by this process is illustrated in Figures 8 and 9. The
figures show a two-dimensional (2D) representation of
the dynamics of the two SEs that form a DE, illustrating
the diffusion of the excitons in the energy manifold.
Figure 8 focuses on the smaller Si10 QD, while Figure 9

represents the larger Si29H24 QD. Two different ener-
gies are considered in each case. The 2D maps are
symmetric with respect to the diagonal because the
first and second excitons are indistinguishable. At early
times, the high-energy SE forms few DEs, as indicated
by a small number of dots in the top panels of the
figures. The DEs appear asymmetrically, rather than
around the center of the 2D map. The second SE
created during MEG has energy that is close to Eg. This
result agrees well with the impact ionization mecha-
nism and the experimental expectations.21,23,28,31�33,36

With time, the initial DE diffuses along the constant
energy line toward the center of the 2Dmap,where the
two SEs forming DE have similar energies. Higher
energies produce broader distributions of DEs since
DE DOS rapidly grows with energy (Figure 2).

A number of differences can be observed in the DE
diffusion of the smaller and larger Si QDs (Figures 8 and 9,
respectively). Due to a relatively low DOS, the DE
diffusion in Si10 is more random. Not all DEs are equally
strongly coupled to each other, and there exist energy
regions where SE DOS decreases rather than increases
with energy (Figure 2A). TheDE diffusion is smoother in
the Si29H24 QD. At the higher energy (right-hand side of
Figure 9), the initial peak at (2.5 eV, 7 eV) disappears to
formanewpeak at (3.5 eV,6 eV) on the 2Dmap.A similar
phenomenon is seen in the higher-energy simulation of
Si10. The initial peak at (2 eV,5 eV) spreads by 5 ps and
refocuses at (2.5 eV,4.5 eV) by 10 ps. Unlike Si10, inwhich
the second SE is created at Eg = 2.0 eV, the second SE

Figure 8. Evolution of the two excitons formingDE states in
Si10. The dynamics starts in a high-energy SE. By 0.01 ps, DEs
are generatedby creationof a second exciton at Eg. Creation
of the second exciton is accompanied by decrease of the
first exciton energy to the value displayed at the top.
The subsequent evolution of the two excitons in the DE
state occurs by diffusion along the constant energy line. The
diffusion involves more states at higher energies.

Figure 9. Same as Figure 8 but for Si29H24. Here, the DE DOS
is high (Figure 2), and the population spreads rapidly over a
larger number of DEs.
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in Si29H24 is created at the energy that is slightly higher
than Eg = 2.1 eV. This can be explained by the entropic
effect. While it is more favorable energetically to create
the second exciton close to Eg, the rapid increase of SE
DOS with energy in the larger nanocrystal makes crea-
tion of SEs at a slightly higher energy more likely.

Figure 10 shows the SE population dynamics ac-
companying the DE generation displayed in Figure 9.
Note that in contrast to Figures 8 and 9, in which both
coordinates of the 2D map are SE energies, the SE
population dynamics is displayed in Figure 10 as a 2D
function of time and energy. At early times, the SE
populations show diffusive dynamics, indicating that the
initially excited SE evolves into other SEs. This is consistent
with thediscussionof Figure 4 above. At about 1ps, the SE
populations decrease due to MEG. This result agrees with
the rise of the DE signal at 1 ps in Figure 9, as well as with
the accelerating MEG in Figure 3C.

Most interestingly, the SE populations starts to
reappear in Figure 10 at a lower energy within a few
picoseconds. The reappearance of the SE population is
a result ofMER. The sub-10 psMER time agreeswith the
experiments.36,46�48 The MER time depends on the QD
size, and QDs whose diameters are smaller than 2 nm
exhibit MER on a sub-10 ps time scale; see Figure 3b of
ref 48 and Figure 4 of ref 47. Note that the sub-10 ps
MER time scale obtained in the simulation described in
Figure 10 is significantly shorter than the MER time
scale deduced starting from a single DE (Figure 5).

Extrapolation of the data shown in Figure 5 gives MER
time on the order of tens to hundreds of picoseconds,
in agreement with the earlier rate estimates for small
QDs20,67,68 but in disagreement with the experimental
data.36,46�48 The difference stems from the fact that
the MER process illustrated in Figure 10 involves a
superposition of many DE states (see Figure 9). Com-
pared to a single initial DE, a superposition ofmanyDEs
interacts with a significantly broader range of SEs via
multiple coupling pathways. As a result, the MER rate
increases substantially. Participation of a superposition
of multiple initial states is particularly important for
MER compared to MEG: the density of final states is
much lower for MER than for MEG; compare the SE
versus DE DOS in Figure 2, and therefore, it is very
important to couple to as many final states as possible
in order to achieve fast MER.

Incidentally, the diffusion of the excited state po-
pulation in the QD electronic state manifold illustrated
in Figures 8�10 is similar to the intramolecular vibrational
energy redistribution (IVR), in which the population of an
initially excited vibrational mode spreads to other
modes.69,70 In present, the electronic states are deloca-
lized over the whole QD, while vibrational modes con-
sidered in IVR are often localized on different molecular
fragments (e.g., CdO mode or O�H mode). IVR is parti-
cularly interestingwhen it leads toenergy flow between
spatially different parts of the molecule. A similar
effect can be observed in QD systems provided that
they are composed of distinct components, such as
core and shell regions, ligands, substrate, etc.

CONCLUDING REMARKS

In summary, we have performed a time-domain,
atomistic, ab initio study of MEG and MER dynamics in
semiconductor QDs of different size and material, with
and without ligands. Particular focus is given to Si
clusters because Si is themost popular solar cellmaterial
and MEG carries good potential for increasing photo-
voltaic efficiencies. By explicitly coupling ground, SE,
and DE electronic states to phonon motion, we incor-
porate phonon-assisted Auger processes. At atomistic
description lets us consider the effects of QD structure
and surface passivation on the Auger dynamics. The
time-domain representation describes various relaxa-
tion regimes, bypassing the limitations of rate models
that implicitly assume exponential decay.
We show that MEG occurs on a picosecond time scale

in the small QDs. The process speeds up considerably
with energy since the ratio of the final DE to initial SE
state densities grows with energy. Our simulation proves
that MEG can occur at energies below the purely elec-
tronic energy threshold and that the electronic degrees
of freedom can borrow energy from phonons. Such
phonon-assisted MEG is best promoted by high-
frequency phonons of surface ligands.

Figure 10. SE population dynamics accompanying DE dy-
namics shown in Figure 9. At early times, the initially excited
SE diffuses into both other SE and DEs. The decrease of the
SE population seen in themiddle of eachfigure corresponds
to MEG (Figure 3). The reappearance of the SE populations
at the later time corresponds to MER, demonstrating that
our method accounts simultaneously for both MEG and
MER. The MER time scale observed here agree with the
experiment; see the data for small QDs in Figure 3b of ref 48
and Figure 4 of ref 47. At the same time, it is much faster
than the MER time scales seen in Figure 5, which correspond
to the earlier theoretical calculations.20,67,68 The difference
resides in the fact that here MER occurs from DE states that
are superpositions of a large number of individual DEs, while
the results shown in Figure 5 and refs 20, 67, and 68assume a
single initial DE. Superpositions of DEs are able to access
many more MER pathways, greatly increasing MER rate, and
bringing theory and experiment into good agreement.
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The time-domain picture provided by our simulation
indicates that MEG in small QDs is Gaussian rather than
exponential. The Gaussian amplitude decreases in
larger clusters, and exponential relaxation becomes
dominant. In combination with the fact that the
electron�hole Coulomb interaction decreases in larger
clusters, approaching the weak-coupling limit, this out-
come of our work justifies the rate descriptions based on
perturbation theory, such as Fermi's golden rule. MEG
starts by transfer of population from the initially excited SE
state to other SEs. The created superposition of many SEs
is able to access a wider range of DEs, facilitating efficient
and exponential MEG. The range of final DE states is
further broadened by coupling to phonons, which lifts
the strict energy conservation condition required for the
purely electronic MEG.
High-frequency phonons participate most actively

in MEG and MER. This fact can be rationalized by both
the NA electron�phonon coupling and the energy
conservation. The coupling is proportional to phonon
velocity, and for a given temperature, the velocity is
larger for higher-frequency modes. More energetic
phonons require fewer quanta in order to exchange
appreciable amounts of energy with the electronic
subsystem and to broaden the allowed energy range
of coupled SE andDE states. The role of high-frequency
modes is emphasized in the presence of ligands be-
cause most ligands are composed of atoms that are
much lighter than the atoms forming the QD core. The
ligand contribution depends on the alignment of the
electronic energy levels of the ligand and the QD core.
Typically, ligand contributions start at energies that are
some energy away from the valence and conduction
band edges of the semiconductor material. One can
tune the ligand contributions by chemical means.
Phonon-assisted MEG is most easily observed at

excitation energies below the purely electronic thresh-
old of 2Eg, particularly in the presence of high-frequency
ligandphonons. Phonon-assistedMEGandMER canalso
happen at energies above the electronic threshold.
However, it is difficult to observe these effects explicitly
since they operate in parallel with the purely electronic
Auger processes. One can attempt to distinguish pho-
non-assisted dynamics experimentally by temperature
dependence because it should depend on tempera-
ture much more than purely electronic processes. In
such studies, temperature should be sufficiently high to
excite active phonon modes, which can be problematic
for high-frequency phonons of ligands. Additionally, one

would need to differentiate between electron�phonon
relaxation and phonon-assisted Auger processes because
both would exhibit temperature dependence. The relaxa-
tion is continuous across the whole energy range, with a
possible bottleneck close to Eg. In contrast, phonon-
assisted Auger dynamics should undergo substantial
changes at the 2Eg threshold and larger multiple integers
of Eg. Further, phonon-induced pure-dephasing resulting
in loss of coherence in superpositions of electronic states,
for instance, between SEs and DEs, should be differen-
tiated, as well. In particular, pure-dephasing is elastic and
does not involve electron�phonon energy exchange.
Electron�phonon relaxation is particularly impor-

tant for MER. MER is efficient only at energies close to
2Eg, where the SE DOS is higher than the DE DOS.
Therefore, high-energy DEs must relax by coupling to
phonons prior to recombination. In addition, SEs
formed during MER must lose some of their energy
to phonons in order to avoid regenerating DEs.
MER starting from a single DE state is significantly

slower than MER simulated in accord with the experi-
ments, inwhich optically excited SEs undergoMEG and
then MER. MER starting from a DE requires tens to
hundreds of picoseconds, in agreement with the ear-
lier rate theory estimates for small QDs but in contra-
dictionwith the experimental data.MER followingMEG
requires under 10 ps, in agreement with the experi-
ments. The second scenario producesmuch faster MER
because a superposition of many DEs created during
MEG is able to couple efficiently to multiple SEs.
The QDs used in our calculations are smaller than

those typically employed in the experiments. As the QD
size grows, the DE to SE DOS ratio increases, speeding
up MEG and slowing down MER. These effects are seen
in our simulations. The electron�hole Coulomb inter-
action strength decreases with increasing QD diameter,
slowing down the Auger dynamics. The surface and
ligand contributions to the QD electronic structure and
Auger dynamics decrease with increasing QD size,
reflecting the reduced surface-to-volume ratio and sup-
pressing those phonon-assisted Auger processes that
are facilitated by the high-frequency ligand vibrations.
The reported ab initio time-domainmodeling of Auger

processesprovidesadetailedandcomprehensivepicture
of the coupled electron�phonon dynamics in semicon-
ductor QDs, enhances our understanding of the proper-
ties and behavior of nanoscale materials in general, and
provides valuable insights for the development of effi-
cient light-harvesting devices and other applications.

SIMULATION METHODS
The state-of-the-art simulations performed in the current

work combine time-domain density functional theory (TDDFT)
with nonadiabatic molecular dynamics (NAMD).4,10,24,66,71

The electronic structure and adiabatic MD were computed with
VASP72 using converged plane-wave basis in a cubic simulation
cell. Spurious interactions of periodic images were prevented by
including at least 8 Å of vacuumbetweenQD replicas. The PW91
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density functional and projector-augmented wave pseudopo-
tentials were used. The QD geometry was generated from the
correspondingbulk structure. The larger Si QDwaspassivatedby
hydrogen atoms. The systems were fully optimized at zero
temperature and brought to ambient temperature by repeated
velocity rescaling. Microcanonical trajectories of 5 to 30 ps in
length were produced in the ground electronic state using the
Verlet algorithm with a 1 fs time step.
The Auger dynamics involving SE and DE states coupled to the

atomic motions were simulated using TDDFT formulated in the
adiabatic Kohn�Sham (KS) basis.4,66,71 Note that the adiabatic
representation of the Auger dynamics differs from the more tradi-
tional picture, in which noninteracting electrons and holes scatter
due to Coulomb interaction. In the adiabatic representation,
the Coulomb coupling between electrons and holes is included
in the Hamiltonian. In particular, the electron�hole interaction
is part of the exchange-correlation functional of DFT. All
electronic effects are “diagonalized out”. As a result, adiabatic
electronic states attain dependence on phonon coordinates,
and transitions between different SE and DE states occur due to
the nonadiabatic (NA) coupling.
The evolution of the single-electron KS orbitals φp(r,t) was

determined using the standard TDKS equations

ip
Djp(r, t)

Dt
¼ H(j(r, t))jp(r, t), p ¼ 1, ... , Ne (1)

where Ne is the number of electrons. The equations are coupled
because the Hamiltonian H depends on the density obtained
by summing over all occupied KS orbitals. Expanding the
time-dependent KS orbitals jp(r,t) in the adiabatic KS orbital
basis jk

~ (r;R)

jp(r, t) ¼ ∑
Ne

k¼ 1

cpk(t)jj~k (r;R)æ (2)

transforms the TDKS (eq 1) into the equations for the expansion
coefficients

ip
Dcpk(t)
Dt

¼ ∑
Ne

m¼ 1
cpm(t)(εmδkm � ipdkm 3

:
R) (3)

The adiabatic KS orbitals j~k(r;R) were obtained with DFT for
current atomic positions along the MD trajectory. The NA
coupling describes the electron�phonon interaction

dkm 3
:
R ¼ Æj~k(r;R)jrRjj~m(r;R)æ 3

:
R ¼ Æj~k(r;R)

�
�
�
�
�

D
Dt

�
�
�
�
�
j~m(r;R)æ (4)

It arises from the dependence of the adiabatic KS orbitals on the
phonon dynamics R(t).
Our simulation included the ground, SE, and DE states, |Φg(r;

R)æ, |ΦSE
i,j (r;R)æ, and |ΦDE

i,j,k,l(r;R)æ, respectively, and was formulated
using second quantization with the ground state as a
reference.24 SEs and DEs are obtained as

jΦi, j
SEæ ¼ â†i âj jΦgæ, jΦi, j, k, l

DE æ ¼ â†i âj â
†
k âl jΦgæ (5)

where the electron creation and annihilation operators, âi
† and

âj, generate and destroy an electron in the ith and jth adiabatic
KS orbitals, respectively. The time-evolving wave function is
then expressed by

jΨ(t)æ ¼ Cg(t)jΦgæþ ∑
i, j
Ci, j
SE (t)jΦi, j

SEæþ ∑
i, j, k, l

Ci, j, k, l
DE (t)jΦi, j, k, l

DE æ (6)

Similarly to eq 3, the expansion coefficients appearing in eq 6
evolve by the first-order differential equations

ip
DCX (t)
Dt

¼ CX (t)EX � ipCg(t)dX;g 3
:
R

� ip ∑
i0 , j0

Ci0 , j0
SE (t)dX;SE, i0, j0 3

:
R

� ip ∑
i0, j0 , k0, l0

Ci0, j0 , k0, l0
DE (t)dX;DE, i0 , j0 , k0 , l0 3

:
R (7)

where X and Y now correspond to either ground, SE, or DE state,
EX is the state energy, and the NA couplings are defined by

dX;Y 3
:
R � ÆΦX jrRjΦY æ 3

:
R ¼ ÆΦX j DDtjΦY æ (8)

The atomistic simulation of the SE/DE generation and re-
combination dynamics was performed by directly solving eq 7
with time-dependent NA couplings and energies.24 The ground,
SE, and DE states form the two-particle electronic basis in our
method, and each state can transit to another state due to the
NA coupling. The energies appear in the diagonal parts of
the Hamiltonian, while the NA couplings are embedded in the
corresponding off-diagonal components. The simulations are
extremely large scale. For instance, the 24 CB and 25 VB orbitals
used in our calculations on the Si29H24 QDgive rise to 600 SE and
97 500 DE states. The total number of states is 98 101, and the
Hamiltonian appearing in the TD Schrödinger equation (eq 7)
contains 98 1012 = 9 623806 201 matrix elements. It is too large
for direct numerical simulation; however, the Hamiltonian is
sparse since the NA couplings connect KS basis states that differ
only in a single electron or hole.71 On the basis of this fact, we
developed an efficient simulation code that can remove all zero
components from the sparse matrix, and solve eq 7 using only
the extracted nonzero parts of the Hamiltonian.24

The method described above includes electron�phonon
interactions and properly treats the transfer of energy from
phonons to electrons encountered in phonon-assisted Auger
dynamics. Described classically, the phonons create an external
field that enters the quantum mechanical equation-of-motion
for the electrons and influences the electron dynamics. Proper
treatment of the reverse process involving energy transfer from
the quantum mechanical electrons to the classical phonons
constitutes the so-called quantum backreaction problem73,74

and requires a more advanced technique, such as surface
hopping (SH).71 SH was used in our earlier simulations in order
to study electron�phonon cooling, during which several elec-
tronvolts of electronic energy were deposited into vibrational
degrees of freedom.4,66 Currently, we are working to implement
SH with the Auger processes, in order to study the interplay of
the Auger dynamics with cooling. Further anticipated advances
of the method include explicit interaction with light, which is
needed in order to allow for the direct MEG mechanism, and
quantum corrections for the phonon motion, which should be
important for the high-frequency ligand modes.
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